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Backflow Structure of Steady and Unsteady Separating
Turbulent Boundary Layers

Naval K. Agarwal* and Roger L. Simpsont
Virginia Polytechnic Institute and State University, Blacksburg, Virginia 24061

Recent LDA measurements in unsteady separating turbulent boundary layers by the authors have revealed
some new information on the phase-ensemble-averaged backflow behavior. In the large-amplitude unsteady
flows studied, very large backflow velocities exist in the detached flow at some phases of the oscillation cycle,
in some cases even greater than the freestream velocity. The Reynolds shearing stress and turbulence-energy
production near the wall in the backflow region are not negligible at these phases. Under such conditions,
Simpson's backflow velocity profile model is not applicable, and a normal turbulent boundary-layer type of
structure appears to be present in the phase-ensemble-averaged near-wall backflow. These new features of
backflow are discussed, and a new concept of a "re-entrainment velocity" of the backflow into the outer region
downstream flow is introduced.
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Nomenclature
A = constant in Eq. (1)
CbC2 = constants
c = length of converging-diverging portion of test

section, 4.9 m
C} = Tfc/O/zp&Jv), local skin-friction coefficient for

the backflow
^ = streamwise pressure gradient

= frequency of oscillation, Hz
= backflow shape factor = §*/0N
= coc/2C/e/, reduced frequency of the flow
= mixing length
= distance from wall to maximum-pwv location in

boundary layer
= distance from wall to maximum velocity in

phase-ensemble-averaged backflow velocity pro-
file

= distance from wall to dU/dy = 0 location in
phase-ensemble-averaged backflow velocity pro-
file

= (tw/p)l/2, shear velocity

= UN6N/v, momentum thickness Reynolds num-
ber in the backflow

= (u2 + v2 + vv2)
= time
= phase-ensemble-averaged velocities in jt, y direc-

tions, respectively
= turbulent fluctuations in x, y, and z directions,

respectively
= phase-ensemble-averaged freestream velocity
= mean test section entrance time-averaged free-

stream velocity
= maximum phase-ensemble-averaged backflow

velocity
= phase-ensemble-averaged backflow velocity at a

distance TV ' from the wall
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= phase-ensemble-averaged mean square values of
w, v, and w, respectively

= phase-ensemble-averaged Reynolds shear stress
= phase-ensemble-averaged re-entrainment veloc-

ity
= streamwise from leading edge, normal and span-

wise coordinates
= streamwise location of flow detachment from

the wall

forward flow fraction
y, where U=0.99Ue
y, where 0 = 0.995(7,
backflow thickness
\$ [1 - (U/0N)]dy = displacement thickness in
the backflow
\§(U/UN) [1 - (U/UN)]dy = moment = thick-
ness in the backflow
von Karman constant, 0.41
kinematic viscosity
density
maximum value of shear stress in the boundary
layer
wall shear stress
27T/

Subscripts
e = freestream or conditions outside shear flow
/ = freestream entrance conditions
max, min = maximum and minimum values

Introduction

TURBULENT separated flows are of considerable interest
because of their practical importance in many applica-

tions. Until recent years, little reliable experimental informa-
tion was available on the structure downstream of separation
in such flows, especially for the near-wall backflow region.
Pitot tube and hot-wire anemometry techniques in separated
flow are limited by the fact that such probes produce direc-
tionally ambiguous results.1"3 With the invention of laser-
Doppler and pulsed-wire anemometry, a number of research-
ers have studied the near-wall region of separated flows,
obtaining more reliable results. However, in many experi-
ments, the thickness of the backflow region and mean back-
flow velocities were too small for detailed measurements.
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Simpson4 proposed a correlation to fit low-velocity (UN/Ue
< 0.25) backflow profiles when rw = 0, and suggested that, in
the phase-ensemble-averaged backflow, 0/\UN\ is a function
of (y/N).5'8 (Phase-ensemble-averaged quantities were ob-
tained by ensemble-averaging the measurements for that phase
over at least 200 cycles. Here we denote phase-ensemble-aver-
aged quantities by a caret above the symbol). The equation

0 (1)
describes the velocity profile of the middle region of the phase-
ensemble-averaged backflow, 0.02<_y/yV< 1, downstream of
detachment (ypu < Yi near the wall) and correlates the data of
Simpson et al.5'9 and Dianat and Castro10 in this region. Far-
ther away from the wall, this equation does not describe the
velocity profile since the outer backflow region is influenced
strongly by the outer region flow. Nearest the wall (y/N <
0.02), the viscous sublayer can be described by4

U (
v
J \ -L " ' I ^^• l +yU (2)

where PI = (ffl/pv\UN\) (dp/dx) and C\ is a constant. The
pressure gradient term is relatively small for these flows.4 The
viscous sublayer joins Eq. (1) tangentially aty/N = 0.035 with
ad of 8.25.

However, as discussed in this paper, Simpson's backflow
mean velocity profile model is applicable only in low-velocity
backflow cases, where the Reynolds shearing stress near the
wall is negligible. In such cases, turbulence-energy production
near the wall is negligible and hence turbulence-energy diffu-
sion toward the wall is responsible for the turbulence energy
dissipated near the wall.5'6

Recent LDA measurements in three unsteady separating
turbulent boundary layers by the authors have revealed some
new information on the phase-ensembled-averaged backflow
behavior, which is presented here.11"15 In the two large-ampli-
tude flows studied, very large phase-ensembled-averaged
backflow velocities have been measured. Substantial turbu-
lence-energy near the wall is produced at these phases of the
cycle (with large backflow velocities), and Simpson's mean
backflow velocity correlation is not applicable. In another
unsteady flow with a diverging freestream, negligible turbu-
lence-energy production near the wall exists, and Simpson's
mean backflow velocity correlation is applicable very near to
the wall. Detailed velocity and turbulence measurements for
these flows are reported in Refs. 14 and 15, respectively, and
are also contained in a technical report.13

Phase-ensembled-averaged backflow velocity profile data
for these three unsteady flows and earlier measurements of

Simpson et al.5"9 in steady and unsteady separating boundary
layers are examined here. In the large-amplitude flows at the
phases of the oscillation cycle with substantial turbulence-en-
ergy production, the normal attached-flow law-of-the-wall ve-
locity profiles appear to be valid in the backflow under some
conditions. In another unsteady flow with a diverging free-
stream, very thick backflow is produced, and the mean back-
flow velocity shapes are quite different away from the wall.

These observations and conditions of applicability of Simp-
son's mean backflow velocity correlation and the law of the
wall in the phase-ensembled-averaged mean backflow are dis-
cussed in this paper. Attention is also concentrated on the
re-entrainment of flow from the backflow region into the
outer region shear layer.

Description of Test Flows
Phase-ensemble-averaged backflow velocity results are pre-

sented for three unsteady separating turbulent boundary lay-
ers; two with large-amplitude unsteadiness (first harmonic
amplitude/mean velocity ratio of 0.75 (R = 0.63 and 0.74)
and reduced frequencies, k = 0.61 and 1.33, with/, the fre-
quency of oscillations as 0.596 and 0.954 Hz, respectively) and
another with a diverging freestream [first harmonic ampli-
tude/mean velocity ratio of 0.12 (R = 0.17) and k = 1.03 with
/ - 0.954 Hz], hereafter called the ''roof-damper flow." The
wind tunnel, with a 8-m- long and 0.91-m-wide converging-di-
verging test section with boundary-layer control; the program-
mable-rotating blade damper for producing large-amplitude
unsteadiness; and the hot-wire and laser anemometers used in
these measurements have been described in detail in Refs 5-9
and 11-13.

Changes made in the diverging section to produce the roof-
damper flow13'15 are briefly described here. The rotating
damper used downstream of the mainstream blower in large-
amplitude experiments was fixed open, so that the flow at the
entrance to the test section was almost steady. The roof of the
diverging section was replaced by a mesh screen, which per-
mitted part of the mainstream flow to be periodically diverted
through the roof. A damper with 12 rotating blades mounted
above this section controlled the phase and amplitude of the
flow. A wooden piece 0.38 m long was placed over the roof to
delay detachment. The wind-tunnel test section with these
modifications is schematically shown in Fig. 1. The phase-
ensemble-averaged freestream velocity distributions at ap-
proximately the test section throat (minimum cross-sectional
area location) for the flows studied are shown in Fig. 2. Note
the abrupt changes in freestream velocity distribution (40 deg
< o>/ < 70 deg) for the k = 1.33 flow as a result of a disturbance
generated upstream.13'14 These flows are described in detail in
Refs. 13-15.

wooden piece

To atmosphere or boundary layer
suction system

programmable rotating blade
roof damper system

perforated
upper wall

perforated plate to produce
back pressure as

Fig. 1 Side view of the test section with modifications for k = 1.03 flow with roof damper. Major dimension on scale is 25 cm. Note baffle plate
upstream of blunt leading edge on bottom test wall and side- and upper-wall jet boundary-layer control.
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Fig. 2 Ensembled-averaged freestream velocity, Ue distributions.

Equation 3 _

SE*

Spalding type function17

Fig. 3a Backflow velocity profiles plotted in law-of-the-wall coordi-
nates, \U + | vs y+, X = 2.95 m, k = 0.61 (large-amplitude) flow, at
phases 315 deg < cof < 30 deg: ( x , ut = 15 deg, UN = 3.16 m/
s; + =30 deg, 2.10 m/s;DT= 315 deg, 5.29 m/s;M= 330 deg, 5.96
m/s;t(= 345 deg, 5.50 m/s;M= 360 deg, 4.33 m/s).

Phase-Ensemble-Averaged Velocity Profiles
The large-amplitude flows show some new features in the

backflow that were not observed in moderate-amplitude flows
(first harmonic amplitude/mean velocity ratio of 0.33 and k =
0.61, 0.90) studied earlier by Simpson et al.7'8 using the same
test facility. Low backflow velocities (UN/Ue <0.3) and nearly
zero Reynolds shearing stress close to the wall were measured
in these moderate-amplitude flows of Simpson et al.

Phase-ensemble-averaged backflow velocity profiles in the
large-amplitude flows do not correlate with Simpson's model
at most of the phases of the oscillation cycle. Thus, several
other proposed models for backflow velocity profiles were
examined. Adams and Johnston16 suggested a velocity profile
law of the type U/UN =f(y ,N» on the assumption that only
the parameters 0N, N, and v affect the flow structure. They
obtained a fair collapse of their data in the backflow region
using U/UN vsf(UN/vN)V2 coordinates. Simpson's backflow
model expressed in terms of these coordinates produced a
marginally better, but still unsatisfactory, collapse of the pre-
sent large backflow velocity profiles.

Simpson4 suggested that the 0+ vs y+ type of law-of-the-
wall scaling was not possible in the low-velocity backflow cases
he examined because the law of-the-wall length scale v/0T
varies inversely with its velocity scale UT, whereas the mea-
sured length scale N and velocity scale 0N both increased with

Fig. 3b Backflow velocity profiles plotted in law-of-the-wall coordi-
nates, \U + vs y+ , X = 3.15 m, k = 0.61 (large-amplitude) flow, at
phases 285 deg < ut < 30 deg: ( x , ut = 15 deg, UN = 3.48 m/
s; + =30 deg, 2.40 m/s; Cf= 285 deg, 0.68 m/s; Br= 300 deg, 4.00
m/s;DT= 315 deg, 5.77 m/s;9r> 330 deg, 6.40 m/s; J=f= 345 deg,
5.56 m/s;)BC= 360 deg, 4.72 m/s).

Fig. 3c Backflow velocity profiles plotted in law-of-the-wall coordi-
nates, \U+\\sf+,X = 4.27 m, k = 0.61 (large-amplitude) flow, at
phases 165 deg < ut < 45 deg: ( x , cor = 15 deg, UN = 4.67 m/s;
+ = 30 deg, 3.47 m/s; O = 45 deg, 1.81 m/s; A = 165 deg, 2.57 m/s;
A= 180 deg, 3.28 m/s; O = 195 deg, 3.18 m/s; + = 210 deg, 2.84
m/s; v = 225 deg, 2.39 m/s; <r = 240 deg, 2.38 m/s; O = 255 deg,
2.82 m/s; • = 270 deg, 3.69 m/s; Cf= 285 deg, 4.79 m/s; Hf= 300
deg, 6.11 m/s; Er> 315 deg, 7.50 m/s; )*= 330 deg, 7.81 m/s;
tt= 345 deg, 6.95 m/s;X= 360 deg, 5.70 m/s).

the streamwise distance. However, in the large-amplitude
flows, N increases and UN remains nearly constant. This fea-
ture and the significant turbulence-energy production near the
wall,13 '14 which is as large as outer region production at some
phases, suggest the possible existence of normal turbulent
boundary-layer features near the wall and the possible appli-
cability of the attached-flow law of the wall in the near-wall
backflow. Very large backflow velocities in large-amplitude
flows appear to be responsible for significant turbulence-
energy production and nonzero Reynolds shearing stress near
the wall.

Other evidence is that values of 0T calculated from the
semilogarithmic relation

0+ =-
K

+5.0 (3)

at y ' - 30 for the phases of the oscillation cycles with sub-
stantial turbulence-energy production close to the wall agree
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Fig. 4a Backflow velocity profiles plotted in law-of-the-wall coordi-
nates, \U+ | vs y+ , X = 2.95 m, k = 1.33 (large-amplitude) flow, at
phases 315 deg < ut < 30 deg: ( x , wt = 15 deg, UN = 6.57 m/s;
+ =30 deg, 3.75 m/s; DT= 315 deg, 5.90 m/s; W= 330 deg, 8.25
m/s;t(= 345 deg, 9.22 m/s;M= 360 deg, 8.50 m/s).

Equation 3 _

Fig. 4b Backflow velocity profiles plotted in law-of-the-wall coordi-
nates, \U + | vs y + , X = 3.51 m, k = 1.33 (large-amplitude) flow, at
phases 270 deg < ut < 30 deg: ( x , ut = 15 deg, UN = 5.54 m/s;
+ = 30 deg, 3.35 m/s; • = 270 deg, 2.85 m/s; df= 285 deg, 4.04
m/s; Bf= 300 deg, 5.55 m/s;DT= 315 deg, 7.25 m/s;)*'= 330 deg,
8.06 m/s;tl= 345 deg, 8.00 m/s;M= 360 deg, 7.01 m/s).

within experimental uncertainties with the measured values of
— puv closest to the wall.13 '14 Phase-ensemble-averaged back-
flow velocities plotted in law-of-the-wall coordinates show
similarity, and data appear to follow the law-of-the-wall pro-
file, even in the \U 4 1 = y+ sublayer, as shown in Figs. 3 and 4
for the phases with phase-ensemble-averaged backflow at
X = 2.95 m, 3.51 m and 4.27 m, for k = 0.61 and 1.33 flows.
Viscous sublayer, buffer layer, and semilogarithmic regions
are shown by a solid line in these figures. In the buffer layer,
a Spalding-type function is used.17 A negative wake is clearly
evident, and velocity profiles look very similar to a wall jet
type of flow such as that studied by Saripalli and Simpson.18

(With a limited amount of laser anemometer data, Patrick19

also suggested that the law-of-the-wall profile may apply to
the backflow, but he lacked data close to the wall.)

On the other hand, at some phases of the oscillation cycle
where backflow velocities are low and turbulence-energy pro-
duction close to the wall is negligible, Simpson's backflow
correlation holds, e.g., as shown in Fig. 5 for the k - 1.33
flow at X = 3.51 m. Figure 5 shows that data closely follow
Eq. (1) for 0.02 < y/N < 1.0. In the near-wall backflow y/N
< 0.02, where Reynolds shearing stress is negligible, the data

Equation 3 _

Fig. 4c Backflow velocity profiles plotted in law-of-the-wall coordi-
nates, \U + vs y+, X = 4.27 m, k = 1.33 (large-amplitude) flow, at
phases 255 deg < ut < 60 deg: ( x , ut = 15 deg, UN = 8.03 m/s;
-I- = 30 deg, 6.66 m/s; O = 45 deg, 5.00 m/s; * = 60 deg, 2.93 m/s;
O= 255 deg, 4.18 m/s; • = 270 deg, 5.25 m/s; df = 285 deg, 5.70
m/s; ̂  = 300 deg, 6.37 m/s;O'= 315 deg, 6.91 m/s; **= 330 deg,
7.20 m/s;jzO 345 deg, 7.60 m/s;)*;= 360 deg, 8.24 m/s).

Fig. 5 Normalized backflow velocity profiles at X = 3.51 m, k = 1.33
(large-amplitude) flow, at the phases (beginning of detachment) where
Simpson's backflow correlation is applicable; V, otf = 240 deg; O,
ut =255 deg. Solid line is given by Eq. (1). Viscous sublayer, Eq. (2),
shown by dotted line, meets tangentially with Eq. (1) at arrow.

follow the sublayer given by Eq. (2), as shown in Fig. 5. These
are the phases where the flow just starts separating, with
accompanying low values of 0N and N.

For the k = 1.03 flow with the roof damper, backflow
occurs downstream of X — 3.01 m at all the phases of the
oscillation cycle, and moderate backflow velocities, 0N/Oe <
0.3 exist. The backflow thickness in this flow is very large
compared to the large-amplitude flows. Negligible turbulence-
energy production and Reynolds shearing stress are produced
for all the phases close to the wall.13 '1- Outer backflow profile
shapes for this flow are quite different (Fig. 6) than those
observed in Refs. 5-9 and 12-14.

The phase-ensemble-averaged backflow velocity increases
away from the wall, reaching a region of (dO/dy) = 0 and
then increasing again unt i l it reaches a maximum backflow
velocity, as shown in Fig. 6a for X = 3.59 m. This behavior is
more pronounced at X = 4.12 m, as shown in Fig. 6b. A
similar backflow velocity profile shape was observed by Adair
and Home20 and Thompson and Whitelaw21 for separated
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How over an airfoil flap. However, Adair and Home did not
have data close to the wall to compare with Simpson's correla-
tion. The backflow thickness N' is chosen just at the begin-
ning of the (dO/dy) = 0 region. Simpson's correlation holds
close to the wall for the phases of the cycle with backflow as
shown in Figs. 6a and 6b at X = 3.59 and 4.12 m. In the
present study and earlier studies by Simpson et al.x6'9 a good
correlation with Eq. (1) exists with A - 0.3. However, Dianat
and Castro10 found that their pulsed-wire data were well de-
scribed with A - 0.235. The reason for this difference is not
clear.

Simpson's backflow model [Eq. (1)] does not describe the
outer region of the backflow (Figs. 6a and 6b). In addition,
there appears to be two different length scales in the inner and
outer regions of the backflow that appear to govern the back-

_u_
|0«J

Fig. 6a Normalized backflow velocity profiles at X = 3.59 m,
k = 1.03 flow with roof damper at phases 0 deg<<ol<360 deg: ( X ,
tof = 15 deg; + =30 deg;O = 45 deg; .* =60 deg;tZI = 75 deg; A = 90
deg; V = 105 deg; © = 120 deg; d = 135 deg; • = 150 deg; A = 165
deg; A = 180 deg; o = 195 deg; * =210 deg; V =225 deg; T =240
deg; O = 255 deg; • = 270 deg; O= 285 deg;«T= 300 deg;]D = 315 deg;
)*=330 deg;)n;=345 deg;)^=360 deg). Solid line is given by Eq. (1).
Viscous sublayer, (Eq. 2), shown by dotted line, meets tangentially
with Eq. (1) at arrow.

u
lU'J

Fig. 6b Normalized backflow velocity profiles at .¥=4.12 m,
k = 1.03 flow with roof damper at phases 0 deg<otf <360 deg. Solid
line is given by Eq. (1). Viscous sublayer, (Eq. 2), shown by dotted
line, meets tangentially with Eq. (1) at arrow. Legend same as that for
Fig. 6a.

flow turbulence behavior. Semilogarithmic profiles of u2 be-
tween inflection points suggest an overlap region between
inner and outer velocity and length scales.13*15 In an attempt to
correlate the outer region backflow velocity, various length
scales, e.g., TV, TV', 6, and M were tried, but they did not
correlate the outer backflow region for the large-amplitude
and roof-damper flows.

Integral parameters based on the maximum phase-ensem-
ble-averaged backflow velocity, UN, were calculated for large-
amplitude and roof-damper flows and the steady and unsteady
flows of Simpson et al.5~9 All of these data plotted in UN/Ue
vs Re$N coordinates (Fig. 7) fall into two distinct regions: one
for which Simpson's correlation holds (filled symbols) and the
other to which the normal | U + \ vs y + law of the wall appears
to apply. The shapes of the mean backflow profiles close to
the wall are substantially different in these two cases. For the
cases for which Simpson's correlation holds, a shape parame-
ter H has a value close to 1.8 whereas, in the other case, a
value of 1.34-1.6 is obtained. It should be noted that the
momentum thickness Reynolds number, Re^ is more than
about 200 when the law of the wall holds in the backflow.

7y
V 7

• i

Fig. 7 | &N|/&e vs RCBN; A, X = 2.95 m, O = 3.51 m, D = 4.27 m,
k =0.61 (large-amplitude) flow; A =2.95 m, <5 = 3.51 m,CT=4.27 m
fc = 1.33 (large-amplitude) flow; «» = 3.28 m, t =3.54 m, £=1.03
flow with roof damper;^ Simpson et al.5;y y, Simpson et al.7; •,
Simpson et al.8; T , flow C,fe', flow D, Simpson et al.9 Filled symbols
where Eq. (1) and (2) hold. Open symbols where the law of the wall
holds.

Fig. 8 tf vs Reeu; solid line given by Eq. (4) (C2 = 0.0256); dashed
line shows the effect of outer region turbulence.
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C/ (semi-log region)

Fig. 9 Correlation between C'f obtained from semilog region and C'f
obtained from Ludwieg-Tillmann relation22 for k =0.61 and k = 1.33
(large-amplitude) flows. Dashed line shows the effect of outer region
turbulence.

We can define a local backflow skin-friction coefficient C}
based on UN. For the cases for which the law-of-the-wall
profile holds in the backflow, one would expect a universal
relationship between C/ and Re~$N. C} data from the above-
mentioned calculated 0T results suggest a relationship of the
form (Fig. 8)

'•:} = C2ReiN-v' (4)

which is the same as that suggested with C2 = 0.0256 for the
friction coefficient in terms of a local momentum thickness
Reynolds number for zero and mild favorable pressure gradi-
ent boundary layers.17 Data in Fig. 8 are close to the line given
by Eq. (4). Although there is some scatter in the data, they
appear to be systematically above the line. Skin-friction coef-
ficients calculated using the Ludwieg-Tillmann relation,22 as
shown in Fig. 9, are also slightly lower than those obtained
from the semilogarithmic region in the backflow.

These slightly higher values of C/ appear to be due to the
influence of the larger-scale outer region turbulent flow on the
near-wall backflow. Hancock and Bradshaw23 studied the ef-
fect of freestream turbulence on skin-friction coefficients of
attached turbulent boundary layers and found that they in-
creased and H decreased with increasing freestream turbu-
lence. Using the correlation results of Hancock and Bradshaw,
'C'f in the present experiments should be about 10% higher
than the solid line shown in Fig. 8 because of outer region
turbulence. Experimental values of C/ are about 10% higher
than the line, indicating good agreement.

Re-Entrainment of the Backflow
into the Outer Region Flow

At any given X location where there is mean backflow, the
continuity equation requires that the velocity V at the U = 0
line be given by

(5)> - o = - f b Udy

However, this relation is valid only for the steady flows. In the
case of unsteady flow, the normal-to-the-wall flow velocity V
at the U - 0 line at a given time contributes backflow fluid
that goes to increase the thickness of the backflow zone as well
as to provide fluid to be transported to the outer region.
Therefore, the velocity relative to the moving (7 = 0 line will
be given by K|t/ = o - (dlb/dt) = Kre (refer to Fig. 10). Thus,

SEPARATED FLOW

UPSTREAM OUTER REGION
FLOW

RE-ENTRAINMENT I*
BACKFLOW

hH' '

Fig. 10 A flow model showing the flow separation and re-entrain-
ment of the backflow.

the unsteady continuity equation leads to

dd, d
dt-o-T7=-7d UAy (6)

Kre at a given X location is the phase-ensemble-averaged veloc-
ity of fluid that is re-entrained into the forward flow.

This equation also leads to

Udy (7)

when integrated from detachment at X0 to a given X location
downstream. This right-hand side is the total volumetric flow
rate of the backflow at X. This also shows that this backflow
mean flow rate at X is dependent on V\$ = 0 and (ddb/dt) at all
locations between detachment and a given X location.

The re-entrainment velocity Kre should be controlled by the
outer region flow. Bradshaw et al.24 suggest that Kentrainment
scales on (rmax/p)'/2, which is the diffusion velocity for turbu-
lence kinetic energy for the outer region turbulent/nonturbu-
lent interface (<72v =§2Kentrainment). This suggested that per-
haps the re-entrainment velocity Kre at 'U - 0 scales on
(7max/p)1/2. However Kre/(rmax/p)1/2 did not correlate the present
data and the steady flows of Refs. 5 and 9.

East and Sawyer25 suggest that
,-^3/2

<72V = _o.4£- (8)

where q2 = u2 + v2 + w2 and ? is the mixing length expressed
by East and Sawyer as

I—— = 0.075 ̂
OQ.995 *

+ 1 ^ (9)

East and Sawyer show very good agreement between measure-
ments and these equations for steady attached adverse-pres-
sure-gradient layers. Simpson et al.6 show fair agreement in
the outer region between their steady freestream data and Eq.
(8), using measured mixing lengths. Assuming that
q2v • #2Kre, then Kre is given from Eqs. (6) and (8) as

0.6£
dy 17 = 0 (10)

Because w2 measurements for these unsteady flows were not
made and Shiloh et al.26 show that w2 = v2 in the outer region,
q2 was estimated from the approximation q2 - (u2 + 2v2).

Good agreement between calculated and measured values of
Kre was obtained for the k = 0.61 unsteady flow, using values
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Attached Flow

Fig. 11 yre vs otf at A'= 4.27 m, £=0.61 (large-amplitude) flow:
x = measured; O = calculated using Eq. (10) and measured values of
mixing length. Typical uncertainty on Vre measured as shown by |«-*|.

Vre (measured), m/s

Fig. 12 Correlation between measured and calculated values of Kre :
A = 2.95 m; A = 3.51 m; D = 4.27 m, k = 0.61 (large-amplitude) flow;

-^PTsteady flow of Simpson et al.5 Typical uncertainty on Kre measured
as shown by |«-» .

of the mixing length in Eq. (10) calculated from — puv and 0
measurements. Results for this flow at 4.27 m are shown in
Fig. 11. Data appear to correlate well at all the axial locations
for the k = 0.61 flow and for the steady flow of Simpson et
al.,5'6 as shown in Fig. 12. However, in the high-frequency
k = 1.03 and 1.33 unsteady flows, lag between the ensemble-
averaged velocity and the turbulence appears to be dominant,
and this model overpredicts the Kre. These results indicate that
the backflow mass flow rate is controlled by the upstream
large eddies in the outer region flow whereas its profile struc-
ture is strongly determined by the local flow conditions. This
supports the suggestion by Simpson et al.1'6 that the ensemble-
averaged backflow does not appear to come from far down-
stream but is supplied intermittently by large-scale structures
as they pass through the separated region.

Conclusions
All the results presented herein suggest that, in the presence

of significant turbulence-energy production near the wall, a
normal turbulent boundary-layer type of structure exists for
the near-wall phase-ensemble-averaged backflow. Very large
backflow velocities appear to be responsible for the produc-
tion of turbulence energy close to the wall and, in such cases,

in addition to the dissipation and diffusion, the production
term in the turbulence kinetic energy equation is also impor-
tant. The skin-friction coefficient, C/ in the ensemble-aver-
aged backflow closely correlates on a momentum thickness
Reynolds number basis and closely follows the data for zero
and mild favorable pressure-gradient-attached turbulent
boundary layers, when the data are corrected for the influence
of the larger-scale outer region turbulent flow on the near-wall
backflow. Simpson's backflow law is valid only in the cases
where turbulence-energy production near the wall is negligi-
ble, which appears to be a necessary condition for this correla-
tion to hold.

The shapes of the ensemble-averaged mean backflow veloc-
ity profiles close to the wall are substantially different in these
two cases. In a semilogarithmic plot, the law-of-the-wall ve-
locity profile increases through the viscous sublayer from the
wall and then bends over to form a semilog region. For Simp-
son's correlation, the data in the sublayer and semilog regions
follow Eqs. (1) and (2), which show that these two regions
blend together tangentially.

Good agreement between measured and calculated values of
the re-entrainment velocity of backflow fluid into the outer
forward flow region suggests that the backflow volumetric
flow rate is determined by the outer part of the upstream flow.
The backflow velocity profile shape is governed by the local
flow conditions. These are important conclusions and should
be included in the calculation methods for separated flows.
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